all integral functions f(z) satisfying the conditions f if) £Li, £>ƒ G£i, |ƒ(2)| <K/,e exp {(2a+e)|s| }. The proof is based upon a result due to Plancherel and Pólya. 12 THE UNIVERSITY, EDGBASTON, BIRMINGHAM, ENGLAND 52 Commentarii Mathematici Helvetici, vol. 10 (1937 Helvetici, vol. 10 ( -1938 , pp. 110-163, §27. 
THE BEHAVIOR OF CERTAIN STIELTJES CONTINUED FRACTIONS NEAR THE SINGULAR LINE
. These functions are analytic in the interior of the s-plane cut along the real axis from z = -1 to z-_ 00.
The principal object of this paper is to prove the following theorem : Inasmuch as the function (1.1) can be written in the form
wheref*(z) has the form (1.3), one may conclude at once that if go>0, 0<g n <l, (w = l, 2, 3, • • • ), ]C!#»""" V 2 | converges, then the function/^) given by (1.1) approaches a finite limit j8(s) as z-> -s, s>l, from the upper half-plane, and the limit fi(s) as z-» -s from the lower half-plane. The function fi(s) is continuous and not real for s>l. The function ƒ (z) given by (1.1) may become infinite
2. Proof of Theorem 1.1. There is a one to one correspondence between functions of the form (1.3) and functions e(x) which are real when x is real, analytic for \x\ < 1, and for which M(e) ^ 1, such that
2 maps the interior of the circle | x | = 1 one to one upon the interior of the z-plane cut along the real axis from z= -I to z= -°o. Hence it follows at once from (2.1) that if M(e)<l, then
over the entire domain of analyticity of f{z).
(ii) In (2.1) put x = %+irj, e(x) =u+iv, f(z) =P+iQ, where £, rj, u, v, P, Q are all real. We then find for Q the value n 9 .
n __ vW + a 2 -1) + <¥ + v 2 -1)
]/s, so that \a\ =1, then as x-xr from the interior of the circle \x\ =1, z must approach -s from the upper half-plane. If M{e)<\, and e(x) approaches a limit e(cr) as x->cr, \x\ <1, then it follows from (2.1) that ƒ(z) approaches a finite limit PROOF. The uniform convergence follows from the fact that all the partial numerators after the first are numerically less than or equal to 1/4 for z in a sufficiently small neighborhood of the origin. To prove (3.2), write the right-hand member in the form: the even part of the continued fraction for fk+i(z). We omit here the details of the calculation. NORTHWESTERN UNIVERSITY
